1.1. Let/(0) be a function integrable in the sense of Lebesgue over (-ir, 7r ) and periodic outside this range with period 27T. Let the Fourier series associated with f(6) be «o £, A0 "
(1.1.1) /(0)~-+ Z («»cos «0+0» sin «0) =-+ T,An(6). 1.2. In 1930 it was proved by Bosanquet [3] that if (j>a(t)-+0, as r->0, for a>0, then the Fourier series of f(6), at 9 = x, is summable (C, a + 5) for every 5>0. This result however breaks down for 5 = 0 [15] . For the case a = 0, Hardy and Littlewood [8] obtained the convergence of the Fourier series (1.1.1), at 6 = x, under a set of stricter conditions, namely exists as a Cauchy integral at the origin, they obtained the convergence of the conjugate series, a result due to Hardy and Littlewood [8] .
Analogous results for the (C, ct-\-l) summability of the sequence {»T3n(x)} and the (C, a) summability of the conjugate series, for a>0, have been obtained recently by the authoress [13] . The object of the present paper is to obtain similar results for the case -1 <a <0.
Just as with condition (i) Hardy and Littlewood required a stronger order condition on the Fourier coefficients for the convergence of the Fourier series, similarly with the condition (iii)' for -Ka<0, we require a stronger nonlocal condition than is necessary,1 for the (C, a) summability of the Fourier series, namely An = 0(na~i), for some S>0, with a similar remark applying to the summability (C, a) of the conjugate series. It is our conjecture that if we drop S in the 1 It is proved by Bosanquet and Offord [6] and Bhatnagar [l] that An = o(n") or B" = o(na) whenever the Fourier series or the conjugate series is summable (C, a), for -Ka<0, and these are the only nonlocal conditions needed for such summabilities.
above condition we will fail to obtain summability (C, a) of the Fourier series under condition (iii)'.
We devote §2 for obtaining criteria for summability (C, a + 1) of the sequence {nBn(x)} and for summability (C, a) of the conjugate series, for -l<a<0.
In §3 we obtain similar results for the summability of the sequence {nAn(x)} and of the Fourier series.
I am grateful to Professor B. N. Prasad for his helpful guidance during the preparation of this paper. The following lemmas will be required for the proof of Theorem 1 : where Aan = T(n+a + l)/{T(n + l)T(a + l)}and(n;t)
Lemma 2. If ka(n, t) and k"(n, t) denote the (C, a) means of the series 
Proof of (2. Also from (2.1.1) and (2.1.3) we have nAka+1(n,t) = 0 {&"(», <)} = oí»-"/-01-1), which gives the required result.
the results holding uniformly in X.
Proof of Lemma 3. We have, Also by (2.1.1), (2.1.3) and by the second mean value theorem,
Thus for u>l/n, I L(n, u) I = 0[u~a~1].
Next for the case nu = \, we have from (2.
Again from (2.1.1), proceeding as before, we obtain Ta+i(n) = -+ o(l).
IT
This completes the proof of Theorem 1.
Lemma 6 [9]
. If £m" is summable (A), then a necessary and sufficient condition that it should be summable (C, k), for k> -I, is that the sequence {nu"\ is summable (C, k + l) to the value zero.
As direct application of Theorem 1 and Lemma 6 and the fact that the existence of the conjugate function The following lemmas will be required for the proof of Theorem 4.
Lemma 7 [7] . 1/ ka(n, t) denotes the (C, a) mean of the series 1,2- 7=1 ct>(t)nAka+1(n, t)dt = (a + 1) J <¡>(t){ka(n, t) -ka+1(n, t)}dt = (a + 1) f 4>(t){k°(n, 0 -Pa(«, 0*} -(a + 1) I <¿>(0{ka+l(n, t) -Ka+1(n, t)}dt + (a+ 1) r <p(t){K"(n, t) -K«+\n, t)}dt = 0(1), J n-r as before. This shows that under the condition of the theorem the sequence {rePn(x)}-*0(C, a + 1). The proof now follows from the fact that the hypotheses imply the summability (C) of (1.1.1), at d = x, and therefore also summability (^4) and hence by Lemma 7 summability (C, a).
